additional references, see [14, 151. (Th ere is an error in [14] which affects the relevant result. In [14; Theorem Ill, there should be the additional restriction that K < (4a)-l, the error in the proof being an incorrect application of Fubini's theorem. That the error cannot be repaired is shown by an example due to Blackman [4;  pp. 678-6801. A similar alteration should also be made to [14; Theorem 21, Corollary], and the proof of [14; Theorem 15 , Corollary] requires a trivial modification, although no restriction on K is necessary there. Similar remarks apply to the corresponding results in [15] . ) We next show that if the given temperature u has the representation (1 .l), then its least positive thermic majorant z, on R" x IO, c[, which satisfies v < w for every positive thermic majorant w of u on R" x IO, c[, has the representation where p+ denotes the positive variation of p. This result enables us to show that it is possible to have u(x, t) -+ 0 as t + 0 while w(x, t) --f co as t + 0. It also enables us to prove a result which contains the multivariable version of another theorem of Gehring [5] , which has not previously been proved, and which enables us to extend to the case 12 > 1 another of Gehring's results and the principal uniqueness theorem in Birkhoff and Kotik's paper [3] .
Thus the use of the positive thermic majorant, together with some theorems in [16] , enables us to simultaneously extend to the multivariable case and improve several known representation and uniqueness theorems, from a unified point of view.
We use R" to denote n-dimensional real euclidean space. If x = (x1 ,..., x,) is a typical point of R", then 11 x Ij = (xl2 + ... + x%2)1/2 denotes the euclidean norm of X, and for any r > 0, B(x, Y) denotes the open ball in R" with centre x and radius r.
The term 'positive' is used in the wide sense. All measures which occur in this paper are signed Bore1 measures which are finite on compact sets. Given a measure CL, the integral (1.1) is called the GaussWeierstrass integral of CL, assumed to be finite, and therefore a temperature [14; Lemma 11, on some strip Rn x IO, c[. The quantity c satisfies 0 < c < + 00 throughout the paper. We regard a signed measure as being the difference of two positive measures, subject only to the finiteness of their Gauss-Weierstrass integrals.
For each measure p on R* and each point x E R", we define the lower symmetric deriwatiwe @p)(x) of /J at x by (DP) (-4 = li&pf cc@+, W/m (&, 9, where m denotes Lebesgue measure on Rn, and the symmetric deribative (Dp)(x) of p at x by the corresponding limit, provided that limit exists. It is well-known that 0~ exists a.e. [m] . Further details and references can be found in [lq.
A REPRESENTATION THEOREM
We begin by proving two lemmas, the first of which is implicit in [lq. If f (x) < + co for all x E R", then dp(x) = f(x) dx.
Proof. By [16; Theorem 31, (&FL)(x) <f(x) < + co for all x E Rn. Therefore, by [16; Theorem 21, p is absolutely continuous with respect to Lebesgue measure, and hence dp(x) = (Dp)(x) dx. Another application of [ 16; Theorem 31 gives Pdtx) = f ( 1 x a most everywhere with respect to Lebesgue measure, 1 and the result follows.
In order to apply Lemma 1 when dealing with temperatures which are not necessarily positive, we use the idea of a positive thermic majorant. This is related to a classical growth condition by our second lemma. for all (x, t) E R" x IO, c[.
For each x E Rn, we have (2.1) This corollary contains the classical uniqueness theorem of Picone [lo] and Tychonoff [13] , which was extended to the multivariable case by Krzyzar5ski [7] , in which (2.3) was replaced by a similar condition on ) u 1 and (2. 3) is used as it stands, but which is otherwise similar to Birkhoff and Kotik's result. Finally, the corollary improves and extends a representation theorem of Pollard [ll] , in which n = 1, a = 0 in (2.3), and limt,, u(x, t) is assumed to exist and be finite everywhere. and p is the difference of two positive measures each of which satisfies a similar condition. We write h = X+ -X-, where h+ and h-denote the positive negative variations of h [12; p. 1201. But we also have X = q -(7 -h), where q is the positive measure defined above and, as we shall show, 7 -h is also a positive measure.
Since w > u, we know from the Widder-Krzyzafiski theorem that there is a positive measure 5 such that Lemma 11. Also, if dp(y) = f(y) dy, f+(x) = max{f(x), O}, and (Q)(x) denotes the symmetric derivative of p at x, it is easily verified that (&)(x) = f(x) for all x, (&+)(x) = f+( x w ) h enever x # 0, and (&+)(O) = +OO. It therefore follows from [16; Theorem 31 that which is finite, for all x, and l$ a(0, t) = +a.
FURTHER F&SULTS
We now prove a theorem which is closely related to Theorem 1, but whose hypotheses are too weak to guarantee the representation (2.2) since they are satisfied by -W, for example. In the case where n = 1, it is stronger than [S; Theorem 111 but weaker than [5; Theorem lo]. 1) implies that there is a functionf on R" such that dp+( y) = f(y) dy. Applying the Lebesgue decomposition theorem to CL-, we can write dp-( y) = (Dp-) ( y) dy + dpS-( y), where p.,-is singular with respect to Lebesgue measure. Hence, putting g = f -(Dp-), we have The above corollary also implies a stronger form of Krzyzariski's extension of the Picone-Tychonoff uniqueness theorem [7, 10, 
